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MDT so VAN ot vt AP DUNG xAc suiT THONG KE vAo THtrc TE . . . 

M (>t SO kien thuc xac suat, thong ke da dliQC 

dlia vao chliong trinh man Toan cap trung 

h<;>c phcS thong (THPT), c6 nhieu tiem nang ung 

dyng, nhling tiem nang nay doi khi con b! bo lo 
chi vi vi~c ap dyng cac kien thuc tren lien quan 

tai nhllng quy trinh kha phCrc t~p. D~ khai thac 

dliQc tiem nang nay, ta nen tranh e de khi g~p 

nhltng quy trinh nhli v~y va doi khi can cung cap 

cong cy hi~u hfc d~ ho tr<;1 thtjc hi~n cac quy trinh 

d6. Dieu nay se dVQc trinh bay c1,1 th~ doi vai cac 
n(>i dung phan bo tan suat ghep lap va bi~u do 

tan suat hinh qu~t (J lap 10 THPT. 

1. L~p bang phan bo tan so ho~c tan suat 
ghep lap 

Thea chu§n ki~n thuc, ki nang cua n(>i dung 

nay, chliong trinh chu§n cOng nhli chliong trinh 

nang cao cua man Toan cap THPT deu c6 ghi 

chu: "Khong yeu cau biet each phan lap; biet day 

du cac trvang hQp l~p bi~mg phan bo tan so - tan 

suat ghep lc'1p" ([1], tr. 108 va tr. 175). Vi~c h~n 

che yeu cau nhli V~y lam cho hQC sinh khong 

biet phan lc'1p m(>t t~p dii li~u. do d6 kh6ng th~ tlj 
minh giai nhieu bai toan thong ke trong dai song 

thtJc te. Th~t v~y. khi so lliQng cac gia tr! khac 
nhau cua dii li~u dieu tra qua ldn lam cho bang 

phan bo tan so ho~c tan suat cho tltng dii li~u 

qua cong kenh, kh6 sii' dyng, ta can l~p bang 

phan bo ghep lc'1p. Ngay ca vi~c ve bi~u do tan 

so, tan suat hinh c(>t, bi~u do tan suat hinh qu~t 
Va dliOng gap kh(Jc tan SO, tan suat ma hQC Sinh 

dliQc h<;>c tiep ngay sau d6 cOng doi hoi thtJc hi~n 
buc'1c dau tien Ia l~p bang phan bo tan so, tan 

suat ghep ldp. 
Vi v~y, nen nghien cuu d~ trong ian doi mai 

chlielng trinh vao thai di~m tc'1i gan day nhat [2], 

ghi chu n6i tren se dliQc xoa bo. Hi~n t~i vc'1i tfnh 
each Ia m(>t bai dQC them doi Vdi hQC sinh gioi, 

ho~c trong chu de nang cao cua man Toan lc'1p 

10 ta c6 th~ hlic'1ng dan h<;>c sinh m¢t each l~p 
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bang phan bo tan so, tan suat ghep ldp. 

Ta h~n che vi~c nay (J nhllng bien d!nh 
lliQng (tltc Ia bien ma cac gia tr! cua n6 dliQC xac 
d!nh nha phep do thea don v! c6 s~n ho~c quy 
vac) thanh m(>t quy trinh nhli sau: 

BLIOC 1. Quy dfnh m(lt dOCfln chlia c.:k soli~u 
thong ke va phac tfnh so lop so li~u 

- Ki hi~u min(x) va max(x) Ia gia tr! nho nhat 

va gia tr! ldn nhat trong cac so li~u thong ke da 
cho. NgliOi ta cOng cho phep sii' dyng hai gia tr! 
tren vc'1i d(> xe xich m(>t chut Ia h' nen thliang d~t 

h I . ~ I) (Ia nii'a so nho nhat trong '=-mm x -x. 
2 1 

I CaC tr! tuy~t dOi CUa hi$U 
so giiia hai so li~u thong ke, a'= min(x) - h' va b' 

= max(x)+ h' . Ta dliQc m(>t do~n [a' ; b1 chua 
toan b(> cac so li~u thong ke. 

Neu cac so li~u deu Ia so tlj nhien thi d~t a' 
= min(x) va b' = max(x) 

- 8~ chia lc'1p cac so li~u thong ke, trlic'1c het 
can quy djnh so IVQng cac ldp. Neu so lc'1p it thi 

hOi nhieu SO li$U dliQC g(>p vao moi ldp lam cho 
mat mat nhieu thong tin. NgliQC l~i, neu so ldp 

nhieu qua thi bang so li~u qua dai, rat cong 
kenh. Tuy so lc'1p khong dliQc quy d!nh bbi m(>t 

quy t<k ch~t che nao, nhling thea kinh nghi~m 
thi nen lay m(>t so phy thu(>c thu~n chieu vc'1i so 

lliQng n CUa toan b(> cac phan tlr dliQC dlia vao 
dieu tra. Cy th~ hon niia, vc'1i n tlt 25 den 100 

phan tii' trb len thi cac so li~u thuang dliQc chia 
thanh 4 den 15 ldp, va se rat thu~n ti~n neu chia 
thanh 10 lc'1p. V~y solliQng m' cua cac lc'1p c6 th~ 
dVQc phac tinh thea kinh nghi$m n6i tren can cu 
vao so lliQng n cac phan tii' dliQc dlia vao dieu 

tra. So lap soli~u cOng c6 th~ dliQC quy d!nh dtja 
vao m(>t thong I~ nao d6 trong thtjc te, ch~ng 
h~n cac di~m so c6 th~ dliQc chia thanh 10 lc'1p 
hay 5 lc'1p phu hQp vc'1i thang di~m 1 0 b~c. · 

BLfOc 2. Chia top 
Cac so li~u dliQc chia ldp thea each Ia d!nh 

ra nhiing nii'a khoang lien tiep, doi m(>t khong 
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giao nhau, moi khoang chua m¢t va chi m¢t ldp 

so li$u dVCJc chia ra, Cl,l th~ lam nhv sau: 

- Ph<k tfnh be r¢ng k' cua nua khoang 

hoi;lc do~n chua moi IC1p so li$u bang each lay 

gia tri lam tron k' cua 

Vi dt,J 1. Thong ke so loi trong 1 trang aanh 

may Vi tfnh CUa moi ngl.f(Jf 0 m(;t lap hQC SOi;ln 

thao van ban gam 45 nguoi, nguoi ta au(Jc 

bang sau: 

0 1 2 3 4 5 6 7 8 9 10 11 12 13 14 15 16 17 18 19 thvan~ trong phep chia b' Soloi 
_a' cho m'. Tan so o 1 1 3 3 o 2 3 5 4 4 6 3 3 2 2 o 1 1 1 

- Khi thiet ke cac 

do~n hay nua khoang chua IC1p so li$u, ngVCJi ta 

thVCJng tranh t~o ra nhltng do~n hay nua khoang 

chua IC1p so li$u c6 tan so bang o. Muon v~y ta 

c6 th~ lay h' thay doi chut ft va hfa chQn m' d~ 
dieu chlnh a', b', k' cho tC1i khi thoa man yeu cau 

tren. Khi da thoa man, ta kf hi$u cac gia trj tim 

dV"c tvang ltng Ia Ia h, m, a, b (hai dau mut cua 

do~n [a, b)) va be r¢ng k cua IC1p. 

- Chia toan b¢ so li$u thong ke (nam trong 

do~n [a ; b])) thanh m IC1p nam trong m-1 nua 

khoang va 1 do~n doi m¢t khong giao nhau dVc;Jc 

kf hi$u nhV sau: 

[a ;a+k}, [a+k; a+2k), ... , [a+(m-2)k; a+(m-

1)k), [a+(m-1)k ; b]. 

86 cung Ia kf hi$u dVc;Jc dung d~ chi cac IC1p 

so li$u dVc;Jc chia ra. 

Chu y: Theo each tren, gan nhv toan b¢ so 

li$u dVc;Jc chia thanh nhllng IC1p bi~u dien tren 

cac nlta khoang bang nhau, mi;lc dau ve nguyen 

tik khong b~t bu¢c phai nhV v~y, nhat Ia doi Vdi 

nua khoang dau tien va do~n cuoi cung. 

TrVCJng hc;Jp tat ca cac so li$u deu Ia so h/ 

nhien thi cac IC1p so li$u c6 the dVc;JC bieu dien 

tren cac do~n khong giao nhau dVC1i day: 

[a; a+k-1], [a+k; a+2k-1], ... , [a+(m-2)k ; 

a+(m-1)k-1], [a+(m-1)k; b]. 

Buac 3. L(lp bang tan so va tan sufR cua 

cac lap 

- L~p bang c6 3 c¢t vC1i cac tieu de c¢t Ia cac 

IC1p, tan so va tan suat. 

- Tfnh tan so 

Hay l(lp bang phan bo tan sufit ghep lap ve 

SO loi trong m(;t trang aanh may CUa CBC hQC 

vien lap hQC GO. 

Giai: 

Buac 1. Quy riinh m¢t ao<;~n chtJa cac solif1u 

thong ke va phac tinh so lap so lif1u 

- Gia trj nho nhat va gia trj IC1n nhat trong cac 

so li$u Ia 0 va 19. Tat ca cac so li$u trong vi dl,l 

nay deu Ia so tl/ nhien. V~y chc;m [O ; 19]1a m('>t 

do~n chua toan b¢ so li$u thong ke. 

- Trang vf dl,l nay c6 45 ngVC1i dVc;Jc dva vao 

dieu tra, v~y theo kinh nghi$m da neu d cuoi 

bVdc 1, so ldp c6 the dVc;JC lay trong nua dVdi 

cua day so tlt 4 den 15, CI:J the Ia ta c6 th~ chia 

cac so li$u thanh 7 IC1p. 

Buac 2. Chia lap 

- Phac tfnh be r¢ng cua moi niia khoang 

hoi;lc do~n chua moi IC1p so li$u: ket qua phep 

chia 19: 7 dVc;Jc lam tron Ia 3. 

- Can cu vao bang so li$u da cho, ta thay 

ngay ca 6 nua khoang va 1 do~n [0 ; 3), [3 ; 6), [6 

; 9), [9; 12), [12; 15); [15; 18), [18; 19] deu chua 

cac IC1p soli$u c6 tan so khac 0, vl v~y khong can 

dieu chlnh so IC1p nCta. Ta kh~ng djnh toan b¢ so 

li$u dVc;Jc chi a thanh 7 IC1p dVc;Jc kf hi$u nhv tren 

hoi;lc dVdi d~ng sau day rat thong dt,Jng trong 

trvang hc;Jp tat ca cac so li$u deu Ia so tl/ nhien: 

[0; 2], [3; 5], [6; 8], [9; 11], [12; 14]; [15; 17], 

[18; 19] 

Buac 3. L(lp bang tan so va tan suat cua 

cac lap 

va tan suat cua 

moi IC1p va ghi 

vao tUng 6 thfch 

hCJp cua bang. 

LC1p [0; 2] [3; 5] [6; 8] [9; 11] [12 ;14] [15 ;17] [18 ;19] T6ng 

Tan so 2 6 10 14 8 3 2 45 

Tan suat 4,4% 13,3% 22,2% 31,1% 17,8% 6,7% 4,4% 100% 
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Vi d1,1 2. Ket qua thi mon Toan h9c ki 2 nam 

h9c 2007- 08 cua m(Jt lap 10 THPT dLJ(;lc ghi lc;~i 

v~n t~t nhll sau: 

Diem thi 

Tans6 

0 

1 

1 

1 

1,8 2,3 2,5 2,8 3 3,3 3.8 4 4,3 4,5 

1 1 2 3 1 3 3 6 3 5 

Diem thi 

Tans6 

4,8 

4 

5 

2 

5,3 5,5 5,8 6 6,3 7 7,3 7,8 9 9,8 

2 2 1 2 3 2 2 1 1 1 

Hay l~p bang phan b6 tan s6 va tan sufft 

ghep lap ve diem thi n6i tren. 

Giai: 

BLJac 1. Quy dinh m¢t doc;~n chtJa cac s6 li~u 

thong ke va phac tfnh s6 lap s6 li~u 

- Gia tr! nho nh~t va gia tr! lon nhat trang cac 

soli~u Ia 0 va 9,8. Vl di~m so kh6ng th~ nho hon 

o va cung khong th~ I on hon 1 o nem c6 th~ lay 

ngay [0 ; 1 0] Ia m<?t dafiln ch(la taan b(> so li~u 

thong ke. 

- Vf d1,1 nay c6 53 so li~u. v~y thea kinh 

nghi~m da neu d cuoi blloc 1 va ch(J y thang di~m 

10 b~c. ta c6 th~ chi a cac so li~u thanh 5 lop. 

BLJac 2. Chia lap 

- Phac tfnh be r<)ng cua moi nlia khaang 

ha~c da~n chua moi lop so li~u: ket qua phep 

chia (10-0): 51a 2. 

-Thea quan ni~m thong thllang, cac die;m 

1-2 du~c cai Ia kern, 3-41a yeu, 5-6 Ia trung binh, 

7-8 Ia kha, 9-1 0 Ia gioi. Be; phu h~p voi quan 

ni~m d6, ta c6 the; chi a da~n [0 ; 1 0) thanh 4 nlia 

khaang va 1 da~n nhli sau: 

[0 ; 2,5), [2,5 ; 4,5), [4,5 ; 6,5), [6,5 ; 8.5), 

[8,5; 10). 

-Trang ca 5 lop soli~u dll~c phan ra, kh6ng 

lop naa c6 tan so bang 0, v~y ta kh~ng d!nh Sl,l' 

chia lop thea 4 nlia khaang va 1 da~n du~c kf 

hi~u nhll tren, khong phai dieu chinh gi. 

BLJac 3. L~p bang tan s6 va tan suat cua 

cac lap 

2. Ve bi~u do tan suat hinh qu~t 

Thea chutin kien th(lc, ki' nang cua n<)i dung 
nay trang man Taan cap THPT, chuong trinh 
chuan chi yeu CaU h9C sinh d9C dll~C ch(/ kh6ng 
yeu cau ve bieu do tan suat hinh qu~t, con 
chl!Ong trinh nang caa cung chi yeu cau h9c 
sinh "ve dll~C bie;u do tan suat hinh qUfilt trang 
trllang h~p don gian" ([1), tr. 108 va tr. 177). 
Kh6ng nen e de doi voi yeu cau ve c6ng vi~c nay 
bdi vi, m<?t mi;lt ki' nang ve bie;u do tan suat hinh 
qu~t rat can trong dai song de bie;u th! trl,(c quan 
nhG'ng thong tin ve co cau thanh phan, va mi;lt 
khac ki' nang nay chi doi hoi nhG'ng kien th(lc va 
ki' nang co ban ve duang tron va g6c d tam rna 
h9c sinh da du~c h9c ki' C1 lop 9. Va l~i. ve bie;u 
do tan suat hinh qu~t thi nhG'ng trllang h~p don 
gian va nhG'ng truang ht;Jp ph(lct~p cung khong 
phan bi~t nhau baa nhieu. 

Vi v~y. khi d6i moi chuong trinh vaa thai 
diem toi gan day nhat [2], trang chuan ki' nang, 
yeu cau Ve dllt;JC bie;u do tan suat hinh qUfilt nen 
duqc neu len kh6ng chi trang chlldng trinh nang 
caa rna con ca trong chl!Ong trinh chuan. Ngay 
C1 thai die;m hi~n t~i. each ve bieu do nay cung c6 
the; duqc trinh bay thong qua m<?t bai d9c them 
hai;lc m<?t chu de nang caa cua man Taan lop 10. 

Sau day Ia hai each ve bie;u do tc:in suat hinh 
qufi~t: each ve nha may vi tfnh va each ve thu 
c6ng duqc trinh bay thong qua m<?t vf d1,1. 

Vi dQ: Hay ve bieu do hinh quc;~t bieu dien 
kfit qua thi ·m6n Toan hQC ki 2 cua m(Jt lap 10 

THPT da dLJ(;lc neu d vf dl,l 2 cua m1,1c 1, 

Lop {0; 2,5) [2,5; 4,5} [4,5; 6,5) [6,5 ; 8.5) [8,5; 10] T6ng 

Tan so 4 21 21 5 2 53 

Tan suat 7,5% 39,6% 39,6% 9,4% 3,8% 100% 
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each 1: Dung may vi tfnh cung vai ph8n 

nu3m Excel 

Trang Excel, hay n9p bang phan bo tan 

suat ghep lap (vi dl,l 2 cua mt,~c 1) hoiftc bang chi 

gam hai dong ten cac lap Va tan suat, ChQn 

bang nay roi ian llf<;lt dung cac l$nh trong dong 

l$nh duai day: 

lnsert\chart\Pie\chart sub-type\Serie in 

0 cua so Serie in chQn Rows hay Column 

tuy thea day dli li$u dLt<;lc nh~p vao thea dong 

hoiftc c('>t. Tiep d6 chQn Next thi hinh ve bi~u do 

hinh qu<:1t hi$n ra tren man hinh. 

Khi d6, lam 

21 

Toan b('> so li$u thong ke Vng vai toan b9 

hinh tron t(tc Ia g6c 360°. V~y 7,5% so li$u (tng 

vai g6c 360° X 0,075 = 270, 

39,6% SO li$U (tng vai gOC 360° X 0,396 = 
142,560- 142,60, 

9,4% SO li$U (J'ng Vai gOC 360° X 0,094 = 
33,84°- 33,90, 

3,8% so li$u Vng vai g6c 360° x 0,038 = 
13,68°- 13,7°. 

Nhlf v~y ta c6 th~ bo sung m<;>t dong ghi cac 

g6c cua cac hinh qu<:lt bi~u dien cac tan suat vao 

CUOi bang phan bo ghep lap 0 Vf dl,l 2 cua mt,JC 1 
d~ dlf<;lc bang sau: 

Tong 

21 5 53 
--~----·---

thea cac chi dan 

tren man hinh d~ 

ghi ten bi~u do, 

chu giai, ten cua 

cac lap va nhling 

so phan tram. 

7,5% 39,6% 39,6% 9,4% 100% 

360° 
-------- ---------- ·------ -----·---------

G6c h.qu<:lt 2r 142,6° 142,6° 33,9°, 

Cuoi cung chQn Finish d~ ket thuc roi ILtu trli 

bieu do nhCI dong 1$nh 

File\Save As 

Bang ph~m b6 t.3n suat ghep ldp di~m thi m6n To2m 
h0c ki 2 cua mot l<ip 10 THPT nam h0c 2007-08 

(4,5,6,5) 
3960% 

[8,5,10} [0,2,5) 
380% 7.50% 

{2,5,4,5) 
39.60% 

0[0,25) 

!:!1!2,5 4,5) 

DJ4,5 6,5) 

Oj6,5 8.5) 

•re.s .101 

each 2: Dung thuac clo g6c ve bEing tay 

a) L~p bang gia tr[ cac g6c cua cac hinh 

qu<:lt bi~u dien phan bo tan suat ghep lap 

Trlfac het ta tfnh so do (d9) cua cac g6c cua 

cac hinh qu<:lt .bi~u dien cac tan suat 7,5%, 

39,6%, 39,6%, 9,4% va 3,8%. 
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b) Ve bi~u do hinh qu<:lt bi~u dien phan bo 

tan suat ghep lap 

Ve m('>t dLtCing tron roi dung thLtac do g6c ve 

cac hinh qu<:lt lien tiep ke nhau c6 so do (d('>) cua 

g6c o tam tuong vng lan ILt<;lt Ia 27°, 142,6°, 

142,6°, 33,9° Va 13,7°, ta dlt<;IC biEJU do hinh 

qu<:lt bi~u dien phan bo tan suat ghep lap da biet. 

TAl LI~U THAM KHAo. 

1. ChL!ang trinh Giao di.)C pho thOng cap trung hQC pho 
thong (2006), NXB Giao d~c. 

2. DL! thi'lo chien IL!qc giao dl.)c 2009-2020, http:l/vietnam
net.vn/giaoduc/2008/12/819333/ ngay 18/12/2008. 

SUMMARY 

Probability and statistics knowledge which have been 
introduced into the mathematics curriculum of the upper 
secondary school have potential to be applied in the real 
life. But this potential has been sometime wasted because 
the application of this knowledge needs rather complicated 
processes. Therefore this article is intended to help upper 
secondary teachers to overcome this difficulty so that the 
above mentioned potential can be exploited in some spe
cial cases: teaching to set up class frequency - relative 
class frequency distribution tables and teaching to draw rel
ative frequency pie charts. 
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