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HINH KHONG GIAN DE GIAI lOAN 

1. 
Bai totm hlnh h9c kh6ng gian (HHKG) phan ion 

chua c6 thu~t giai, d6i voi nhieu h9c sinh (HS) day 
chfnh Ia tlnh hu6ng can giai quyet. Trong ho~t d(lng 
giai bai toan HHKG, HS phai v~n dt,mg h~ thong tri 
thuc phuong phap trong d6 c6 tri thuc phuong phap 
ve bai toan ph\J. Phan tfch cac du ki~n, cac ctieu ki~n 
va ket luan cua bai toan; HS "nhln" ra, biet"tach" cac b6 
ph~n ph~ng kh6i hlnh kh6ng gian va su dt,mg bai too~ 
phGng nhu Ia cong c1,1 de giai toan. Cac ho<;~t d(lng nay 
nham ren luy~n nang llfc quyet van de cho HS. 

1."Tach" hlnh 
va su bai toiin 
bai toan HHKG 

2.1. Sit 

Phan tfch cac du ki~n, cac dieu ki~n va ket lu~n 
cua bai toan, HS c6 duqc bieu tl1qng trlfc quan, biet 
"tach" b<? ph~n phl1mg kh6i hlnh kh6ng gian va su 
d1,1ng cac kien thUC hlnh h9c phang de giai toan. 

Vf d1,1: Cho tu di~n ABCD, g9i M, N ian luqt Ia tr9ng 
tam cac tam giac ABC, BCD. Chung minh MN //AD. 

Tu gia thiet tr9ng tam tam giac, c6 cac each tiep 
c~n de d!nh huang each giai cho bai toan nay. 

Dfnh huang each giai 7: G9i E, F ian luqt Ia giao 
diem cua BM voi AC, BN voi CD (xem hlnh 1 ). Bieu 
tuqng trlfc quan hlnh kh6ng gian, "tach" m~t phang 
(BEF) ra khoi hlnh kh6ng gian, trong m~t phang nay 
ta da su d1,1ng d!nh lfTa-let. Tiep wc "tach" m~t phang 
(ACD) va ap dt,mg d!nh If ve du(:tng trung blnh cua tam 
giac. Su d1,1ng yeu t6 trung gian duong thang thu ba 
EF de chung minh MN //AD. 
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Dfnh huang each giai 2: Do M va N ian luqt Ia tr9ng 
tam cac tam giac ABC va BCD, nen cac duong thang 
AM va DN cat nhau t<;~i trung diem K cua c<;~nh BC (xem 
hlnh 2). "Tach" m~t phang (ADK) va ap d1,1ng d!nh 1fT a­
let cho tam giac KAD de chung minh MN //AD. 

TS. PHAN ANH TAl 
Truong D~i lu,c Sai Gon 

Qua hai each giai tren cho thay: Vai cung du ki~n, 
dieu ki~n cua bai toan c6 the ton t<;~i cac each "ph6i 
hqp" khac nhau dan toi cac bieu wqng trlfc quan 
tuong ung khac nhau. Tu d6, phan tfch "a<? phuc t<;~p" 
cua n6 de c6 cac each "tach" b(l ph~n phang va chota 
cac giai phap giai quyet van de khac nhau. Trong vf d1,1 
tren, each 2 Ia each giai trlfc tiep va hay hon each 1. 

2.2. Xet xac 
tinh li, tinh 

cllu khoi hlnh 
Lien ket dau hi~u xac d!nh cac OOi tuqng Cl,l the 

cua bai toan voi thu(lc tfnh d!nh If, tfnh chat tong quat 
da duqc h9c, HS "tong hqp" cac quan h~ kh6ng gian 
va biet"tach"b<? ph~n phang kh6i hinh kh6ng gian, su 
dyng cac kien thUC hinh h9c phang de giai bai toan. 

Vf d\1 1: Cho tU di~n ABCD. G9i M, N ian luqt Ia 
tr9ng tam cac tam giac ABC, ACD. Chung minh MN // 
m~t phang (ABD). 

Voi gia thiet tr9ng tam tam giac va ket lu~n 
chung minh MN // m~t phfmg (ABD), huy d(lng kien 
thuc ve dau hi~u nh~n biet duong thang song song 
voi m~t phEmg, xuat hi~n yeu cau xac l~p auong 
thang thu(lc m~t phang (ABD) song song voi MN. Tu 
slf tri giac "chfnh di~n·; "trlfc quan'; c6 the d!nh huang 
cac each giai bai toan nhu sau: 

Djnh huang each giai 1: G9i Eva F ian luqt Ia giao 
diem cua AM va AN voi BD va CD (xem hlnh 3). "Tach" 
m~t phang (AEF), dung d!nh If Ta let suy ra MN // EF. 
M~t khac EF Ia duC:Ing trung blnh cua tam giac BCD 
nen EF // BD. Tu d6 suy ra MN // BD. V~y BD chfnh Ia 
duC:Ing thang thu(lc m~t phang (ABD) can xac d!nh. 

Dfnh huang each giai 2: Do M va N ian luqt Ia 
tr9ng tam cac tam giac ABC va ACD, nen cac duC:Ing 
thtmg BM va DN cat nhau t<;~i trung diem I cua c~nh AC 
(xem hinh 4). "Tach" m~t phang (BDI) va ap d1,1ng d!nh 
lfTa-let cho tam giac BDI, ta c6 MN // BD. V~y BD chfnh 
Ia duC:Ing thang thu(lc m~t phang (ABD) can xac d!nh. 

A A 

B D 

c c 

Hinh3 Hinh4 

S6115 • THANG 4/21115 • 33 



ffi NGHIENCOU ____________________ _ 

fJjnh huang each giai 3: G9i H va Klan ILiqt Ia giao 

cliem cua CM va CN vai AB va AD (hlnh 5). "Tach" m~t 

phang (CHK), dung ajnh HTa-let suy ra MN // HK. V~y 

HK chinh Ia aliong thang thu(>c m~t phang (ABO) can 

xac ajnh. 
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2.3. "Ttkh" bi? pht;Jn phdng trong bili toan dfnh 

IU'f!ng cua HHKG 
"Tach" bQ ph~n phang khoi hlnh khong gian va 

su dt,mg cac kien thuc hlnh h9c phang cte giai bai to an 

alnh ILJqng chi d<;lO ve m~t phucmg phap ren luy¢n 

cho HS nang h,ic giai quyet van ae: Phan tich moi lien 

h¢ giua cac yeu to aa biet, yeu to can tlm; "lien tl16ng" 

v6'i bai toan phang, de xac ajnh yeu to can tlm, giai 

quyet bai toan ajnh luqng trong khong gian. 

Vf d1..1 2: Cho hlnh chop Ct,Jt tam giac aeu ngo9i 

tiep m(>t hlnh cau ban kinh r cho san. Tfnh the tich 

hlnh chop c~,~t biet d!ng c9nh day lon gap doi c9nh 

aay nho. 

fJjnh huang each giai: £>ay Ia bai toan djnh luqng, 

tinh the tfch hlnh chop Ct,Jt. Tu gia thiet cua bai toan, 

neu g9i h Ia chieu cao, a Ia c9nh day nho, khi ao, c9nh 
day 16'n Ia 2a thl the tich hlnh chop Ct,Jt: 

V=~(B+B'+~) 

=E_[a2J3 +a2J3 + a2J3) 
3 4 2 

7ha2 J3 
12 

Do ao, ae tinh V phai biet h va a ma gia thiet bai 

toan chua cho. Phan tfch moi lien h¢ giua yeu to can 

tlm va yeu to aa biet: Hlnh du (I) ban kfnh r n(>i tiep 

hlnh chop Cl,Jt (xem hlnh 6), h va a se OL1<;1C tfnh theo 

r. £>e lam dl1<;1C dieu nay hQC sinh phai biet "tach" m~t 

phang chua hlnh thang CMM'C' va duong tron tam I 

ban kfnh r (aliong tron 16'n cua hlnh cau n(>i tiep hlnh 

chop c1,1t). £>Liang tron (1, r) tiep xuc c9nh ben MM' t9i 

K va tiep xuc vai hai c9nh day cua hlnh thang CMM'C' 

lan luqt t9i H va H; trong do H va H' lan ILJqt Ia trong 

• KHOA 

tam cac tam giac aeu ABC va A'B'C' (xem hlnh 7). £>en 

aay v6'i "von" kien thuc hlnh h9c phang HS kh6ng qua 

kho khan de tfnh h va a. 

Hinh6 

3. Keth.1~n 

c 

Hinhl 

Trong d9y h9c man Toan, ngoai vi¢c giup HS tfch 

luy c6 chu djnh von kien thuc, KN, giao vien can trang 

b! cho HS h¢ thong tri thuc phuong phap dung trong 

qua trlnh giai toan. Tri thuc phu'ong phap ve bai toan 

ph1,1, h9c sinh biet "tach" b¢ ph~n phang khoi hlnh 

kh6ng gian va su d1,1ng bai toan phang nhula cong c1.,1 

de giai bai toan HHKG, giup HS giai quyet auqc tlnh 

huong a~t ra. Hon nua, day cung Ia m(>t trong nhung 

aieu ki¢n t(;lO tien ae cho Sl,J' phat trien trl,J'C giac xac 

l~p cac "lien tu6ng" trong giai quyet tlnh huong moi 

cua HS. 
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SUMMARY 
The article refers to solutions for additional Moths 

exercise; analysis of facts, conditions and conclusion 

of problem; "separate" flat parts from geometry of 

space and use flat exercise as a tool to solve exercises 

in the geometry of space. Through these activities, 

student's competence to problem solving in teaching 

Mathematics will be improved. 
Ke>llfwo'lrn'.;;• geometry of space, pupils, "separate" 

flat part. 


