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MOT SO PHUONG PHAP GIAI BAI TAP TOAN 0 TRUONG
TRUNG HOC PHO THONG

1. M& dau

Trong day hoc toan & trudng trung hoc phd
thong (THPT), phuong phép dinh hudng truc tiép
cho hoat déng va ¢ &nh hudng tryc ti€p dén viéc
rén luyén ki nang. Day hoc mén Toan khong chihinh
thanh cho hoc sinh céc tri thic vé su vat, tri thic vé
déi tuong nghién cliu cia mén hoc ma con hinh
thanh va phat trién hé thdng tri thiic phuong phap
cho HS. Céc ti thic phudgng phap khi dugc hinh
thanh lai tr¢ thanh diéu kién thuan lgi dé HS linh hoi,
kié€n tao tri thitc mai.

2. Phuong phap giai toan

Gidi toan la qua trinh mo mam, tim toi dua trén
nhling hi€u biét clia ngudi lam toan. Vi vay, gidi toan
1a kha nang riéng biét cla tri tué, con tri tué chi ¢
& con ngudi va giai toan c6 thé xem nhu mot trong
nhiing biéu hién d3c trung nhat trong hoat déng cla
ngudi hoc todn. Qua trinh gidi mot bai toan 1a di tim
kiém mot 16i thodt ra khoi kho khan hodc mot con
dudng vugt qua chudng ngai dé dat tdi muc dich ma
mdi nhin thi tudng nhu khdng thé dat dugc ngay.

Phuong phép giai toan (hay phuong phap tim loi
giai bai toan) la cach thiic va Ung x{f clia ngudi lam toan
khi diing trudc mét bai toan dé gay nén nhiing hoat
dong tu duy clia ban than nham tim ra 16 gidi clia bai
toan do. Nhitng hoat déng tu duy bac gém: khai quat
hoa, déc biét hoa, tuong tu, quy nap, phan tich, tdng
hop, so sanh... dac biét 13 suy ludn co Ii. DE giai quyét
mot bai toan can thuc hién hai budc chd yéu, d6 Ia tim
ra phuong phép giai va thuc hién loi giai.

Pung trudec mot bai todn da <6 phuong phép
giai thiviéc giai bai toan mot cach hoan chinh khong
phai hoan toan dan gian, ma la cd mot qua trinh bao
g6m nhiéu khau: ndm viing céac kién thic co ban
vé ndi dung li thuyét 1an phuong phép thuc hanh,
luyén tap thanh thao céc quy trinh va thao tac c6
tinh chat ki thuat. D6i vdi bai toan chua c6 thuat gidi,
ngudi gidi toan can thé hién tinh nghiém tuc, kién
nhan, qua trinh md mam, tim i va mét phuong
phap lam viéc khoa hoc.

2.1. Mét s6 phuong phdp gidi bai tdp todn &
trudng trung hoc phé théng

Qué trinh hoc sinh hoc phuong phap chung gidi
todn la qua trinh bién nhiing tri thic phuong phéap
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t8ng quéat thanh kinh nghiém gidi toan cda ban than
minh théng qua viéc gidi hang loat bai todn cu thé.
Gidi mét bai toan hay hé thdng cac bai toan la tién
hanh mdthéthéng hanh déng cd muc dich, do d6 chi
thé gidi toan can phai ndm viing cac tri thic vé hanh
déng, thuc hién hanh déng theo yéu cau cu thé clia tri
thiic d6, biét hanh dong c6 két qua trong nhitng diéu
kién khac nhau. Trong gidi toan thi diéu can thiét & hoc
sinh chinh la kha nang van dung sang tao, cé muc dich
nhitng tri thuc va kinh nghiém da co vao giai cac bai
toan cu thé, thuc hién tot va c6 két qua mot hé thong
hanh déng gidi toan dé di dén 15i gidi bai toan mot
cach khoa hoc. Con ngudi gido vién chd yéu fa dinh
hudng cho hoc sinh biét tim cach kham pha ra ldi gidi
ctia bai toan va thli thudt tim toi cac hé thong bai toan
lién quan. Dinh hudng cho hoc sinh van dung cac bai
todn gbc vao giai quyét cac bai toan kho.

DE tim phuang phap giai mot bai tap toan cu
thé, hoc sinh cin can cf vao cac yéu t6 sau:

- Gid thiét bai todn: Tu gia thiét phai nghién ctu
cac dic diém vé dang cla bai toan. Cac dic diém vé
dang cda bai toan 1a phan hinh thic clia bai toan
d6, nén viéc nghién ctiu phan hinh thic ctia bai toan
thuc chét 1a kham pha néi dung cla bai toan. Boi 1&,
gilra hinh thic va ndi dung c6 tinh thong nhét. Vi
vay, nhd vao viéc khai thac ding dan cac dac diém
vé dang cla bai todn ma nhiéu bai toan c6 dugc loi
gidi hoic 13 giai hay. Dac diém d6 thé hién méilién
hé gilta cac d6i tuong va cac nhém ¢d mat trong bai
todn dd; dac diém vé dang clia bai toan con thé hién
tinh chat khong “mau muc” hay tinh cht “tang an”
clia dang bai toan.

Yéu cdu baitodn ddt ra cdn gidi quyét: Théng qua
yéu ciu bai toan co6 thé xac dinh dugc thé loai bai
toan. Tur do ngudi gidi toan thay rd cac tinh chat, quy
luat cha bai toan, vach dugc phuong hudng giai, tim
dugc cac phuang phap giai phu hop.

Yéu cdu déi vai i gidi bai todn: Két qua dung,
k& ca & cac budc trung gian, Ii gidi khdng mic phai
nhitng sai 1am, thda man céac yéu cau dé ra; 1ap luan
chat ché, luan dé phai nhat quan, ludn cd phai dang,
ludn ching phai hop 16gic; 16i gidi day da, khéng
dugc bod sét mdt chi tiét nao trong qua trinh suy
ludn; ngdn ngl chinh xac; trinh bay rd rang; cach
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giadi ngan gon, hop li nhat. Nghién ctiu giai nhiing
bai toan tuong tu, m& rong hay lat ngugc van dé.

2.1.1. Phuong phdp c6 thudt gidi

- Phuong phdp 1: Bién d6i tuong duong

Chang han, dé gidi mét phuong trinh hoac
chiing minh mét bat déng thic, thong thudng ta
bién déi phuong trinh d6 thanh mét phuong trinh
tuong duong dan gian hon hodc bat dang thuc dé
thanh bét déng thdc dung. Cac phép bién déi nhu
vay dugc goi la cac phép bién ddi tuong duong.
Phép bién déi tuang duong d6 c6 thé 1a cong hay
trif ting vé vdi cung mot sé hodc mot biéu thic,
nhan hai vé& cling mét s6 khac khong hodc mot biéu
thtc khac khong,... Néu hoc sinh ndm viing phép
bién déi tuong duang thi viéc giadi quyét bai toan trd
nén don gian.

- Phuong phdp 2: Chiing minh bang phan chiing

Nguyén li clia phuong phap chiing minh bang
phan chiing A = B dlng ta can ching minh gia su
A = B khéng dung ta suy ra di€u mau thuan vdi gia
thiét hoac diéu vo li. Tu d6 két luan khong ton tai gia
st A = B phai dung.

- Phuang phdp 3: Phuong phap quy nap toan hoc

Nguyén li quy nap toan hoc ap dung vao bai
toan ching minh bat dang thic phu thudc s6 tu
nhién n.

Néu b3t dang thuc kiém tra ding vdi s6 tu
nhién n,,.

Gia thiét rang bat dang thic ding véin = k ma
ta chitng minh dugc bat dang thic ding véin =k +1
thi bét dang thiic da cho ding vdin2n,,

- Phuong phdp 4: Phuong phap quy trinh

D6i vdi nhiing baitoan thudc dang nhu: tim
gidi han, dao ham cGa ham s6; chiing minh ham s6
lién tug; gidi phuang trinh bac hai; khao sat ham so,
tim giao tuyén cla hai mat phang, giao diém clia hai
duéing thang, doan vudng goc chung cla hai dudng
théng... ching ta c¢6 thé ap dung quy trinh <6 tinh
chat thuat gidi, tua thuat gidi dé giai quyét cac bai
toan trén.

s

Vi du 1: Cho hinh chdp SABCD co day la hinh
binh hanh. M, N 13 diém gilta cac doan AB, SC. Tim
giao diém |, K cla duang thang AN, MN vé&i mat
phang (SBD),

14 KM

Tinh cac tis6 N KNV

Trudc hét, ta luu ¥ rdng quy trinh tim giao diém
cta dudng thang d vdi mat phing o la nhu sau:

Budc 1: Chon mat phang B chia d, sao cho
giao tuyén d’ ciia mat phéng o va B tim dugc ngay.

Budc 2: Tim giao diém O cliad va d’ trong mat
phéng B.

Budc 3: Két luan O 13 diém can tim.

Nhu vay, vai bai toan trén ta ap dung quy trinh
gidi nhu sau:

Chon (SAC) Ia mat phéng chita AN. Mt phang
(SAC) cat mat phéng (SBD) theo giao tuyén SO, vai
0O |3 tdm cha day. Giao diém ca AN vai SO chinh la
diém | can tim.

X . . . 14
Deé thay [ 1a trong tam tam gidc SACnén 7—— =2

Tuang tu goi E 1a giao diém cda MC va BD; mat
phang (MSC) chira MN cat (SBD) theo giao tuyén
SE. Vay giao diém clia MN va SE 1 giao diém K clia
MN vé&i mat phéng (SBD).

EM _BM 1
EC - DC 2

gita EC thi ME = FE = FC, Do do NF la dudng trung
binh cta tam gidc SEC. Vay NF song song vdi SE.
Suy ra KE la dudng trung binh ctia tam gidc MNF,

—, nén néu goi F 1a diém

., KM
tr dosuyra =1.
KN

2.1.2. Phuong phdp tim dodn

- Phuong phdp 1: Phan tich, bién d6i dong thdi
gia thiét va két luan

Vdi gia thiét da cho va yéu cau bai toan da dugc
xac dinh ngudi gidi toan phai lam cho gia thiét va
kétluan gan gii hon. Tir d6 diing phép bién déi gia
thiét phu hgp, d6ng thai dinh hudng phép bién ddi
két luan dat két qua nhu mong muon.

- Phuong phdp 2: Phuong phap st dung truc
giac va dién dich

Truc giac la mot hoat ddng hay cach nhin van
dé, truc gidc khdng nhirng cho chiing ta nhin nhan
van dé 1 rang ma con cho ching ta mdt s6 chan
li vé& thuc tai. Dién dich la mot cai gi tuong ty nhu
truc giac, nhd truc gidc ching ta ndm dugc chan
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li mot cach hoan toan va truc ti€p, va nhg dién
dich ching ta dat dén chéan li qua mét tién trinh.
Descartes noirang: “hai phuang phéap nay la nhiing
con dudng chac chdn nhat dan tdi tri thuc”.

- Phuong phdp 3: Chuyén héa ndi dung bai toan

Trong toan hoc, c6 nhiéu loai toan lién quan
dén nhau, méi quan hé gilta ching trong ching
mfc nao do cho phép gidi bai toan nay théng qua
viéc giai bai toan kia.

Chéng han, xuat phat ti bai toan chiing minh
bat dang thuc f(x)<M, ta c6 thé chuyén ndi dung
bai todn nay vé bai toan tim gia tri nhd nhat f(x),
sao cho gia tri nho nhat d6 badng M. Dé tim gia tri
nho nhét d6 ta diing céng cu dao ham thi bai toan
dé dang dugc gidi quyét.

-Phuong phdp 4: Lua chon cong cu dé gidi toan

Viéc lua chon cac cdng cu khac nhau dé giai
toan la can thiét. Trén co sd phan tich cac dac diém
cuia bai toan, chiing ta sé thdy dudc cong cu nao sé
phu hgp vdi bai toan nay, céng cu nao phi hop voi
bai toan kia. Nha viéc chon céng cu thich hgp ma
[0 gidi bai toan cho ta két cuc dep.

- Phuong phdp 5: Lién tudng, huy doéng kién
thiic dé giai

Lién tudng va huy dong kién thic co vai tro
quan trong trong hoat ddng tu duy khi giai toan,
Nang luc lién tudng, huy dong kién thic cia mébi
ngudi mot khac. Ding trudc mot bai todn cu thé, co
ngudi lién tudng dugc nhiéu dinh i, ménh dé, bai
toan phu ma nhiing cai nay cd hy vong gilip cho viéc
giai bai toadn. C6 ngudi chi lién tudng dugc dén mot
s6 it dinh li, ménh dé, bai toan phu,.... Stc lién tuéng
va huy d@dng phu thudc vao kha nang tich luy kién
thuc va sy nhay cam trong khau phéat hién van dé.

-Phuong phdp 6: Chuyén hoa hinh thiic bai toan

Viéc chuyén hda hinh thic bai todn chinh la
bién d&i d6i tugng, bang hoat dong tri tué, cac thao
tac tv duy dua trén cac tri thuc kinh nghiém da co
dé xam nhap vao ddi tugng nghién clu théng qua
bién déi cau tric cia déi tuong.

Vidu 2:V6i a,b,c,deR . Chiing minh rang:

Va? +6? +c? +d* 2 \(a—c) + (b-d)

Ta 6 thé bién d6i ddi tuong dai s6 sang hinh
hoc nhu sau:

Trén mat phang toa do xét cac diém: A(a,b);
B(c,d) va 0O(0,0). Khi do:

O0d=a? +b*; OB=+c* +d*;

AB=\J(a—c) +(b-d) .
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Taluébnes O4+O0OB> AB =

Ja? +b* +4c? +d? 2 \J(a=c)* +(b-d)
-Phuong phdp 7: Phuang phap danh gia dai dién.
Trong nhiéu bai todn ma cac déi tugng c6 mat

trong bai todn cé chung mot quy luat téng quat thi

danh gia dai dién la viéc lam can thiét. Nho do, viéc
thuc hién giai bai todn thuan lgi hon.

Vi du 3: Gidi phuong trinh: 243 = -x2 + 6x - 8

Gap bai todn nay néu nhin nhan 2%* > 1Vx va
46X -8=-(x-3)2+ 1< 1VX

Ta dé dang thay phuong trinh 2% = -x2 + 6x - 8
cd nghigmthi: 2% = - + 6x-8=1=> x=3.

3. Két ludn

Day hoc gidi bai tap toén co vai tro dac biét trong
day hoc mén Toan & trudng trung hoc phé théng.

Cac bai toan la phuong tién c6 hiéu qua khong thé

thay thé dugc trong viéc giap hoc sinh nam vitng tri

thurc, phat trién tu duy, hinh thanh ki nang va ki xao.

Hoat dong gii bai tap toan la diéu kién dé thuc hién

tot cac muc dich khéc cdia day hoc mén Toan. Do do,

6 chuc co hiéu qua viéc day giai bai tap todn ¢6 vai

trd quyét dinh ddi vdi chat lugng day hoc mén Toan

& trudng phé thong hién nay.
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SUMMARY

InteachingMathematicsin uppersecondaryschools,
the activity-based teaching approach has a direct impact
on the forging of skills. Teaching Mathematics subject
does not only equip students with factual knowledge
and knowledge of the research subject embedded within
the subject matter per se but also formulate and develop
the system of methodological knowledge for students.
Bearing that in mind, the author has proposed some
methods for solving Mathematical problems in upper
secondary schools, including, for example, Heuristic
method and educated guess method.



