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1. MO'dih.1 
Trong d9y h9c toan 6 truong trung h9c pho 

thong (THPT), phuong phap d!nh huang try'c tiep 
cho ho<?t d(>ng va c6 anh huang try'c tiep den vi$c 
ren luy$n ki nang. D9y h9c mon Toan khong chi hlnh 
thanh cho h9c sinh ciic tri thuc ve Sy' V~t, tri thuc ve 
doi tU<;1ng nghien cuu cua mon h9c ma con hlnh 
thanh va phat trien h~ thong tri thuc phudng phap 
cho HS. Cac tri thuc phu<1ng phap khi duqc hlnh 
thanh l9i tr6 thanh eMu ki~n thu~n lqi de HS linh h(>i, 
kien t90 tri thuc moi. 

2.Ph~ong toan 
Giai toan Ia qua trlnh mo mam, tlm toi dy'a tren 

nhung hieu biet cua ngUoi lam toan. Vl v~y, giai toan 
Ia kha nang rieng bi$t cua trf tu$, con tri tu$ chl c6 
6 con nguoi va giai toan c6 the xem nhu m(>t trong 
nhung bieu hi$n d~c trung nhat trong ho9t d(>ng cua 
nguoi h9c toan. Qua trlnh giai m(>t bai toan Ia di tlm 
kiem m(>t 16i thoat ra khoi kh6 khan ho~c m(>t con 
duong vuqt qua chuang ng9i de d<;:~t toi myc dich ma 
mai nhln thl tuong nhu khong the d<;:~t duqc ngay. 

PhU<1ng phap giai toan (hay phu<1ng phap tlm loi 
giai bai toan) Ia each thuc va ung xu cua ngu'oi lam toan 
khi dung truac m<?t bai toan de gay nen nhung ho9t 
d(>ng tU duy cua ban than nham tlm ra loi giai cua bai 
toan d6. Nhung ho9t d(>ng tu duy bao gam: khai quat 
h6a, d~c bi$t h6a, tu'dng ty', quy n9p, phan tkh, tong 
hqp, so san h ... d~c bi~t Ia suy lu~n coli. De giai quyet 
m(>t bai toan can thy'c hi$n hai buac chu yeu, d61a tlm 
ra phUdng phap giai va thy'c hi$n loi giai. 

Dung truac m<?t bai toan da c6 phu'dng phap 
giai thl vi$c gii1i bai toan m<?t each hoan chinh khong 
phai hoan toim d<1n gian, ma Ia ca m(>t qua trlnh bao 
gam nhieu khau: nam VUng CaC kien thuc Cd ban 
ve n9i dung If thuyet Jan phu'dng phap thy'c hanh, 
Juy$n t~p thanh th90 cac quy trlnh va thao tac CO 
tfnh chat ki thu~t. Doi voi bai to an chua c6 thu~t giai, 
ngUoi giai toan can the hi$n tfnh nghiem tuc, kien 
nhan, qua trlnh mo mam, tlm toi va m(>t phUdng 
phap lam vi$c khoa h9c. 

2.1. M9t so phuung phdp giai bai t~p toan li 
tru'img trung h«Jc pho thong 

Qua trlnh hc;>c sinh h9c phu'dng phap chung giai 
toan Ia qua trlnh bien nhung tri thuc phv<1ng phap 
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tong quat thimh kinh nghi$m giai toan cua bim than 
mlnh thong qua vi$c giai hang lo<;:~t bai toan cy the. 
Giai m(>t bai toan hay h$ thong cac bai toan Ia tien 
hanh m(>t h$thong hanh d(>ng c6 myc dfch, do d6 chu 
the giai toan ciln phai nam vung cac tri thuc ve hanh 
d(>ng, thy'c hi$n h~mh d(>ng theo yeu diu cy the cua tri 
thuc d6, biet hanh d(>ng co ket qua trong nhung dieu 
ki$n kh<k nhau. Trong giai toan thl eMu can thiet 6 h9c 
sinh chlnh Ia kha nang v~n dyng sang t<;:~o, c6 myc dfch 
nhung tri thuc va kinh nghi$m da c6 vao giai cac bai 
toan cy the, thy'c hi$n tot va c6 k€h qua m(>t h$ thong 
hanh d(>ng giai toan de di den loi giai bai toan m(>t 
each khoa h9c. Con nguoi giao vien chu yeu Ia d!nh 
huang cho h9c sinh biet tlm each kham pha ra loi giai 
cua bai toan va thu thu~t tlm toi cac h$ thong bai toan 
lien quan. Dinh huang cho h9c sinh v~n dyng cac bai 
toan goc vao giai quyet cac bai toan kh6. 

De tlm phuong phap giai m(>t bai t~p toan cy 
the, h9c sinh can can CU VaO CaC yeu to SaU: 

- Gia thiet bai toan: Tu gia thiet phai nghien cuu 
cac d~c diem ve d<;:~ng cua bai toan. Cac d~c diem ve 
d<;:~ng cua bai toan Ia phan hlnh thuc cua bai toan 
d6, nen vi$c nghien cuu phan hlnh thuc cua bai toan 
thy'c chat Ia kham pha n(>i dung cua bai toan. Boi le, 
giua hlnh thuc va n<?i dung c6 tfnh thong nhat. Vl 
v~y, nho vao vi$c khai thac dung dan cac d~c diem 
ve d<;:~ng cua bai toan ma nhieu bai toan c6 duqc loi 
giai ho~c loi giai hay. D~c diem d6 the hi$n moi lien 
h$ giua cac doi tu'qng va cac nh6m c6 m~t trong bai 
toan d6; d~c diem ve dc;mg cua bai toan con the hi$n 
tlnh chat khong "mau my'c" hay tfnh chat "tang an" 
cua d;;mg bai toan. 

Yeu cau bai toan agt ra can giai quyet: Thong qua 
yeu cau bai toan CO the XaC djnh du'<;J'C the lo<;:~i bai 
toan. Ttl d6 ngUoi giai toan thay ro cac tinh chat, quy 
lu~t cua bai toan, v<;:~ch duqc phu'dng huang giai, tlm 
dUqc cac phUdng phap giai phu hqp. 

Yeu cau a6i vai lai giai bai toan: Ket qua dung, 
ke ca 6 cac buac trung gian, loi giai khong mac phai 
nhung sai lam, thoa man cac yeu cau de ra; l~p lu~n 
ch~t che, lu~n de phai nhat quan, lu~n cu phai dung, 
lu~n chung phai hqp logic; loi giai day du, khong 
duqc bo sot m(>t chi tiet nao trong qua trlnh suy 
lu~n; ngon ngu chfnh xac; trlnh bay ro rang; each 



giai ngan g<;m, li nhat. Nghien cuu giai nhung 
bai toan tuclng ty', mo n?ng hay l~t nguc;:sc van de. 

2. 1. 1. Phuong phap co thu¢t giai 
- Ph1111ng phap 1: Bh?n doi tucmg duong 
Chang h<~m, de giai m<?t phuong trlnh ho~c 

chung minh m<?t bat dang thuc, thong thuong ta 
bien doi phuong trlnh do thzmh m<?t phuong trlnh 
tuong duong don gian hon ho~c bat dang thuc do 
thanh bat dang thuc dung. Cac phep bien doi nhu 
v~y duc;:sc gqi Ia cac phep bien doi tuong duong. 
Phep bien doi tuong duong do co the Ia c(>ng hay 
tru tung ve voi cu ng m<?t so ho~c m<?t bieu thuc, 
nhan hai ve cung m<?t so khac khong ho~c m<?t bieu 
thuc khac khong, ... Neu hqc sinh nam vung phep 
bien doi tuong duong thl vi~c giai quyet bai toan tro 
nen don gian. 

-Phuong phap 2: Chung minh bang ph an chung 
Nguyen If cua phuong phap chung minh bang 

phan chung A=> B dung ta din chung minh gia su 
A=> B khong dung ta suy ra dieu mau thuan voi gia 
thiet ho~c dieu volf. TU do ket lu~n khong ton t~i gia 
suA => B phai dung. 

-Ph1111ng phcip 3: Phuong phap quy n~p toan hqc 
Nguyen H quy n~p toan hqc ap dyng vao bai 

toan chung minh bat dang thuc phy thu<?c so w 
nhien n. 

Neu bat a~mg thuc kiem tra dung voi so w 
nhien n

0
• 

Gia thiet rang bat dang thuc dung voi n = k ma 
ta chung minh duc;:sc bat dang thuc au ng voi n = k + 1 
thl bat dang thuc da cho dung voi n ~no. 

- PhlicJng phap 4: Phuong phap quy trlnh 
Doi voi nhung bai ·toan thu<?c d~ng nhu: tim 

gioi h~n, d~o ham cua ham so; chung minh ham so 
lien tyc; giai phu'ong trlnh b~c hai; khao sat ham so, 
tim giao tuyen cua hal m~t phang, giao diem cua hal 
duong thang, do~n vuong goc chung cua hai duong 
thang ... chung taco the ap dyng quy trlnh co tfnh 
chat thu~t giai, wa thu~t giai de giai quyet ciic bai 
toan tren. 

s 

A M B 

Vf d1,1 1: Cho hlnh chop SABCD co day Ia hlnh 
blnh hanh. M, N Ia di!?m giua cac do;:'!n AB, SC. Tim 
giao diem I, K cua duong thang AN, MN voi m~t 
phang (SBD), 

IA KM 
Tfnh cacti so-;--. 

IN KN 

Truoc het, ta luu y rang quy trlnh tim giao diem 
cua duong thang d voi m~t phang a Ia nhu sau: 

Buoc 1: Chqn m~t phang ~ chua d, sao cho 
giao tuyen d' cua m~t phang a va ~ tlm duc;:sc ngay. 

Buoc 2: nm giao diem 0 cua d va d' trong m~t 
phang ~-

Buoc 3: Ket lu~n o Ia diem din tim. 
Nhuv~y, voi bai toan tren ta ap dyng quy trlnh 

giai nhu sau: 
Ch<;>n (SAC) Ia m~t phang chua AN. M~t phang 

(SAC) cat m~t phang (SBD) theo giao tuyen SO, voi 
0 Ia tam cua day. Giao diem cua AN voi SO chfnh Ia 
diem I can tlm. 

IA 
De thay I Ia trqng tam tam giac SAC nen IN = 2 

Tuong ty' gqi E Ia giao diem cua MC va BD; m~t 
phang (MSC) chua MN cat (SBD) theo giao tuyen 
SE. V~y giao diem cua MN va SE Ia giao diem K cua 
MN voi m~t phang (SBD). 

·EMBMl. , 
Do -- = --= -, nen neu goi F Ia diem 

EC DC 2 . 

giua EC thl ME= FE= FC. Do do NF Ia duong trung 
blnh cua tam giac SEC. V~y NF song song voi SE. 
Suy ra KE Ia au'ong trung blnh cua tam giac MNF, 

'A' KM 1 tu uo suy ra --= . 
KN 

2.1.2. Phlidng phOp tim aoan 
- Phlidng phap 1: Ph an tfch, bien aoi dong thoi 

gia thiet va ket lu~n 
Voi gia thiet da cho va yeu cau bai to an da duc;:sc 

xac djnh nguoi giai toan phai lam cho gia thiet va 
ket lu~n gan gui hon. Tu do dung phep bien aoi gia 
thiet phu hc;:sp, dong thai ainh huang phep bien aoi 
ket lu~n d;:'!t ket qua nhu mong muon. 

- Phuong phcip 2: Phuong phap su dyng tn,tc 
giac va dien dich 

Tn,tc giac Ia m<?t ho~t d(>ng hay each nhln van 
de, tn,tc giac khong nhCtng cho chung ta nhln nh~n 
van de r6 rang ma con cho chung ta m<?t so chan 
H ve thl,(c t~i. Dien djch Ia m<?t cai gl tucmg W nhu 
trl,(c giac, nho trl,(c giac chung ta nam duc;:sc chfm 
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li m(>t each ho~m toim va tnfc tiep, va nho dien 
djch chung ta d<;1t den chan If qua m(>t tien trlnh. 
Descartes n6i rang:"hai phuong phap nay Ia nhung 
con duong chik chan nhat d;!im toi tri thuc'~ 

-Phuong ph6p 3: Chuyen h6a n(>i dung bai toan 
Trong toan h9c, c6 nhieu lo<;Ji toan lien quan 

den nhau, m6i quan h~ giua chung trong chung 
ml,(c nao d6 cho phep giai bai toan nay thong qua 
vi~c giai bai toan kia. 

Chang h<;ln, xuat ph at tU bai toan chung minh 
bat dang thuc j(x)::;,M, ta c6 the chuyen n(>i dung 
bai toan nay ve bai toan tlm gia trl nho nhat j(x), 
sao cho gia trj nho nhat d6 bang M. Be tlm gia tri 
nho nhat do ta dung cong cy d<;Jo ham thl bai toan 
de dang duqc giai quyet. 

-Phuong phap 4: Ll,fa ch9n cong cy de giai to an 
Vi~c h.fa ch9n cac cong cy khac nhau de giai 

toan Ia din thiet. Tren co so phan tfch cac d~c diem 
cua bai toan, chung ta se thay duqc cong cy nao se 
phu hqp voi bai toan nay, cong cy nao phu hqp voi 
bai toan kia. Nho vi~c chc;m cong cy thfch hqp rna 
loi giai bai toan chota ket eye de::p. 

Phuong ph6p 5: Lien Wong, huy d(>ng kien 
thuc de giai 

Lien wong va huy d(>ng kien thuc c6 vai tro 
quan tr9ng trong ho<;Jt d(>ng tv duy khi giai toan. 
Nang ll,(c lien tUang, huy a¢ng kien thuc cua moi 
nguoi m<?t kh<k Bung truoc m(>t bai toan c1,1 the, co 
nguoi lien tvong duqc nhieu djnh If, m~nh de, bai 
toan phy rna nhung cai nayc6 hyvc;mg giup chovi~c 
giili bai toan. C6 nguoi chi lien tuong duqc den m(>t 
so it djnh li, m~nh de, bai toan ph~;~, .... Sue lien tu'ang 
va huy a¢ng phy thu(>c vao kha nang tkh luy kien 
thuc va Slf nh<;Jy cam trong khau phat hi~n van de. 

-Phuong ph6p 6: Chuyen h6a hlnh thuc bai to an 
Vi~c chuyen h6a hlnh thuc bai toan chfnh Ia 

bien doi doi tuqng, bang ho(;lt d(>ng trf tu~, cac thao 
tac tv duy dy'a tren cac tri thuc kinh nghi~m da c6 
de xam nh~p vao d6i tuqng nghien cuu thong qua 
bien doi cau true cua doi tuqng. 

Vi dt,~2: Voi a,b,c,d E R. Chung minh rang: 

~a2 +b2 +~c2 +d2 ~ ~(a-c)2 +(b-d)2 

Ta c6 the bien doi doi tvqng d~i so sang hlnh 
hqc nhu sau: 

Tren m~t phang tqa d(> xet cac diem: A(a,b); 
B(c,d) va 0(0,0). Khi d6: 

OA = .Ja2 +b2
; OB = .Jc2 +d2

; 

AB=~(a-c)2 +(b-d)2
• 
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Ta luon c6 OA + OB :2: AB => 

.Ja2 +b2 +.Jc2 +d2 :2:~(a-c)2 +(b d)2 

-Phuong phap 7: Phuong phap danh gia d<;Ji di~n. 
Trong nhieu bai toan rna cac d6i tuqng c6 m~t 

trong bai to an c6 chung m(>t quy lu~t tong quat thl 
dimh gia d<;Ji di$n Ia vi$c lam din thiet. Nho d6, vi~c 
thy'c hi~n giai bai toan thu~n lqi hon. 

Vi dt,~3: Giai phuong trlnh: Y 3 = -x2 + 6x- 8 
G~p bai toan nay neu nhln nh~n 2'-3 ;::: 1 Vx va 

-x2 + 6x- 8 = -(x-3)2 + 1 ::;, 1 Vx 
Ta de dang thay phuong trlnh 2'-3 = -x2 + 6x- 8 

c6 nghi~m thl: 2'-3 = -x2 + 6x- 8 = 1 => x = 3. 
3. h.1~n 

D<;Jy h9c giai bai t~ptoim c6 vai tro d~c bi~ttrong 
d<;~y h<?C mon Toan (j truong trung hqc pho thong. 
Cac bai toan Ia phuong ti~n co hi~u qua khong the 
thay the du'<;JC trong Vi~C giup h9c sinh nam VUng tri 
thuc, phat trien tV duy, hlnh thanh ki nang va ki xao. 
Ho<;Jt, d(>ng giai bai t~p to an Ia dieu ki~n de thl,(c hi~n 
tot cac myc dfch khac cua d<;~y h9c mon Toan. Do d6, 
to chuc c6 hi~u qua vi~c d<;Jy giai bai t~p toan c6 vai 
tro quyet djnh d6i voi chat luqng d<;Jy h<?C mon Toan 
a truong pho thong hi~n nay. 
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SUMMARY 
In teaching Mathematics in upper secondary schools, 

the activity-based teaching approach has a direct impact 
on the forging of skills. Teaching Mathematics subject 
does not only equip students with factual knowledge 
and knowledge of the research subject embedded within 
the subject matter per se but also formulate and develop 
the system of methodological knowledge for students. 
Bearing that in mind, the author has proposed some 
methods for solving Mathematical problems in upper 
secondary schools, including, for example, Heuristic 
method and educated guess method. 


