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Tém tdt: Bai viét phdn tich vai trd cdn bé sung cho nhau gida tu duy truc gidc va tu duy phan tich, tir dé khuyén nghi
trong day hoc todn & trudng phé thdng cdn thiét cé su can déi hop Ii viéc phdt trién tu duy truc gidc va tu duy phdn tich
cho hoc sinh nhém gép phén phat trién néng luc ngudi hoc trong giai doan d6i mdéi gido duc hién nay. Theo tdc gid, tuduy
truc gidc va tu duy phdn tich la hai yéu t6 cdn thiét trong quad trinh tu duy, qud trinh nhdn thic thé gisi cia con ngudi. Dua
trén co ché hoat déng cta bé ndo con ngudi va vdn dung vao trong qud trinh day hoc néi chung, day hoc todn néi riéng,
gido vién cdn chu trong nhiing hoat déng nhdm déng thoi phdt trién tu duy truc gidc va tu duy phdn tich cho hoc sinh.
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(Nhdn bai ngay 07/10/2016; Nhdn két qua phadn bién va chinh stta ngay 20/10/2016; Duyét ddng ngay 27/11/2016).

1.Pat van dé

Trong tam |i hoc hién dai, cac nha tam i hoc da
chu trong phan biét tu duy truc giac (TDTG) va tu duy
phan tich (TDPT), dai dién la nha tam Ii hoc ndi tiéng
J. Bruner vdi tac pham “The process of education”. Cac
nha triét hoc nhu Bergson va Spinoza cho rang ¢é su déi
lap gilia truc giac véi lap luan va logic, quan diém nay
dugc tim thay trong khai niém hién dai vé truc giac todn
hoc. Con cac nha gido duc hoc thi quan tam dén cau hoi
TDTG hay TDPT anh hudng nhu thé nao dén tién trinh
day hoc trong nha trudng? Nhiéu nghién ctu da nhan
manh dugc vai tro, tam quan trong ctia méi loai tu duy
trén trong day hoc toan, thé nhung viéc tach hai mat déi
lap nhung théng nhat clla mot qua trinh nhan thdc co
dem lai hiéu qua trong day hoc? Trén thé gidi, mot sé
tac gia chi ra rdng truc giac va phan tich |a hai chiéu b6
sung cho nhau trong day hoc todn nhu Poincaré (1969),
Freudenthal (1973), Thom (1973), Wittmann (1981),
Howson (1984), Otte (1990), Bass (2005), Cholle (2012).
Bai viét nay lam r6 vai trd can bé sung cho nhau gitia
TDTG va TDPT ti dé chdng t6i khuyén nghi trong day
hoc toan & trudng phé théng can thiét co su can déi hop
Ii viec phéat trién TDTG va TDPT cho hoc sinh (HS) gép
phan cu thé héa dinh hudng phat trién nang luc ngudi
hoc trong giai doan d6i mai hién nay.

2. Truc giac va phan tich - hai yéu té hoat déng
can thiét cia con ngudi

Chung ta biét rang, ndo ngudi dugc chia thanh hai
ban cau: Ban cau nao trai va ban cau nao phai. Ban cau
nao trai cé chdc ndang ngdn ng, ti€n hanh TDPT ¢6 tinh
lién tuc va theo trinh ty, trong khi dé ban cau nao phai
tién hanh tu duy cu thé, nhan biét khéng gian, sang
tao, c6 6c tudng tugng phong phd, téng hap chinh thé
khong lién tuc, phan tan va méng lung, truc gidc la moét
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trong nhiing dac trung ctia ban cau phai (Hinh 1). Ngudi
chiu su chi phdi nhiéu cta ban cau nao trai thusng cé
khuynh huéng phan tich, suy luan logic, s& dung tot tu
ngu, biéu tugng, xem xét cac chi tiét. Ngudi chiu su chi
phoi nhiéu cla ban cau ndo phai thudng thich nhin xa
trong rong, cé 6c tudng tugng phong phu, sdng tao,
thich cac ki hiéu va hinh anh, tim toi nhiing huéng di
mGi, sdn sang chap nhan th thach [1]. Viéc ching ta s
dung thién vé ban cau nao nao quyét dinh dén cach lam
viéc va phuang phap hoc tap cla ching ta.

Trong tac phdm cia D. Kahneman [2], 6ng dua ra hai
hé théng tu duy tdc ddng dén con duding nhdn thic cia con
ngudi, 6ng goi dé la: Hé théng 1 - Truc gidc (Symtem 1 -
Intuition) con goi la ca ché nghi nhanh, tu déng, thudng
xuyén dugc st dung, cam tinh, rap khuon va tiém thic;
Hé thong 2 - Lap luan (Symtem 2 - Reasoning) con goi la
cd ché nghi cham, doi hoi it né luc, it dugc st dung, duing
logic cé tinh toan va y thiic. Trong moét loat thi nghiém
tam limang tinh tién phong ctia minh, Kahneman chiing
minh rdng, con ngudi ching ta thudng di dén quyét
dinh theo co ché nghi nhanh hon la nghi chdm. Cung
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quan diém vdi Kahneman, Gladwell nhan dinh “Bé néo
cta chung ta st dung hai phuong phdp rdt khdc nhau dé
hiéu ré tinh huéng. Phuong phap dau tién rat quen thuéc
dé la phuong phap st dung nhan thic. Chung ta nghi
dén nhiing gi minh da biét, da nam ré va cuéi cung dua
ra dugc cau trd |oi. Phuong phap nay rat logic va rach
roi. Tién trinh dién ra rat cham, mat nhiéu thai gian va
doi hoi phai c6 nhiéu thong tin. Phuang phap tha hai
hoat d6ng nhanh han nhiéu, né giup ta hiéu dugc van
dé chi sau thai gian ngan..” [3, tr. 9]. Gladwell da dao sau
nghién ctiu nhiing y nghi xay ra trong tam tri con nguai &
khoanh khac vai giay, mét cai chép mat va nhiing y nghi
boc phat, tuc thai clng c6 hiéu qua nhu nhiing quyét
dinh dugc xem xét ki luéng. Nhu vay, theo Kahneman,
con dudng nhan thiic clia con ngudi qua hé thong tu
duy la TDTG va TDPT. Day la hai yéu t6 can thiét trong
qua trinh tu duy, qua trinh nhan thuic thé gidi cta con
ngudi. Dua trén co ché hoat déng clia bd ndo con ngudi
va nghién ctu ctia Kahneman, Gladwell da dé cap nhu
trén, van dung vao trong qud trinh day hoc néi chung,
day hoc toan noi riéng, giao vién (GV) can cha y dén viéc
tao ra nhiing hoat déng danh cho ca hai ban cau nao
cla HS dugc lam viéc, noi cach khac GV can chu trong
nhiing hoat déng nham déng thai phat trién TDPT va
TDTG cho HS.

3. Tu duy truc giac va tu duy phan tich - hai mat
déi lap cta tu duy toan hoc

Kenneth Hamond la mét nha tam li hoc déng gop
to I6n vao nghién cdu truc gidc, 6ng dinh nghia tryc giac
bsi su d6i lap véi TDPT. Ong nhan manh réng “nghia
théng thudng cua truc gidc cd su trdi nguoc véi qud trinh
nhan thic ma lam cdch nao dé dua ra céu tra i, gidi phdp
hayy tuéng vdiviéc sitdung qud trinh ttiing buéc bién minh
hop liva cé y thuc”[4, tr.29].

Theo Koliagin [5], TDTG va TDPT la hai trong cac
thanh phan ca ban ctia tu duy toan hoc. Ong cho rang,
TDTG la phuong phap dac biét ctia nhan thic, ddc trung
bdi viéc tim ra chan li mot cach tryc tiép, lién quan dén
truc giac do la nhiing hién tugng nhu viéc gidi quyét van
dé mot cach bat ngd, chdp nhoang, khéng tuan thia theo
cac yéu cau logic, két qua tim dugc bang phuong phap
nay rat nhanh chéng. Con TDPT dugc dac trung bdi tinh
khuc chiét cla tiing budc riéng 1é trong nhan thuc, linh
héi moét cach day du ca vé noi dung cling nhu céac thao
tac dugc van dung. TDPT dugc biéu hién trong qua trinh
day hoc théng qua cach thic phan tich chiing minh cac
dinh li va giai cac bai toan, giai bai toan bang cach lap
phuong trinh, nghién ctu két qua I6i giai bai toan nao
dé. TDPT khong thé hién mét cach cé lap tach biét véi
cac loai hinh tu duy trtru tugng khdc, trén tiing giai doan
riéng biét né co thé bi€u hién ndi troi hon cac dang khic,
cung xuat hién.

Theo tac gia Nguyén Van Loc [6], TDPT dac trung
bai céc giai doan ranh mach cta Iap ludn va suy nghi, tu
duy nhu vay thudng dugc thuc hién nhd nam day dd noi
dung va céc thao tac tao nén. Khac véi TDPT, TDTG dac

trung bdi su thiéu vang cac budc lap luan ré rang, loai tu
duy nay dac trung bdi tri giac thu gon mét cach nhanh
chéng, ngay lap tdc. Nhu vay, truc gidc cling la mét qua
trinh tu duy, dé la mat déi lap ctia TDPT. TDPT tuan theo
quy tac quy nap dién dich mét cach nghiém ngat, thong
qua su phan doan tting budc rat ra phan doan hoac két
ludn dung, hop logic, ddng thai dung ngdn ngir biéu dat
toan bo qua trinh tu duy. TDTG lai c6 két luan truc tiép,
hoan toan bdé qua khau trung gian, doé la qua trinh tu
duy “nhay vot’, ngudi c6 TDTG lap tuc trd IGi “phai” hay
“khéng’, kha nang hinh dung ra két qua ctia mot van dé
hoan toan khong cé qua trinh 1ap luan dai dong.

4. Su can bang gilfa tu duy truc giac va tu duy
phan tich trong day hoc toan

Trong qua trinh day hoc toan, néu HS c6 TDPT thi sé
giup cho HS biét 1ap luan cé logic, tuan theo nhiing quy
tac suy dién nghiém ngat, trinh bay tiing budc giai quyét
van dé mot cach chat ché, ranh mach. Con TDTG gidp
HS dua ra cac du doan hay phan doan cho van dé, dinh
huéng cach giai quyét van dé, gidp HS hiéu dugc ban
chat cla tri thic. Néu chi chu trong dén viéc phat trién
TDPT cho HS ma khéng quan tam phat trién TDTG thi
cac em chi biét sir dung trén cac biéu thic hinh thiic ma
khong gidi thich dugc y nghia clia tri thic, gidi quyét van
dé mét cach rap khudn, may mac, khong kich thich dugc
su sdng tao, dam mé hdng tha tim toi ctia HS. Ngugc lai,
¢6 TDTG ma khéng ¢ TDPT c6 thé bi truc giac danh lua
dan dén két qua sai lam, can phai dugc kiém chiing bai
cac thao tac suy dién. Vi vy, can thiét phai cé su bé sung
cho nhau gitta TDTG va TDPT trong day hoc toan dé phat
huy uu thé ctia mbi loai tu duy cho HS.

Trong nghién ctu ctia minh, F. P. Cholle cho rang:
“Chung ta c6 lgi thé dac biét la c6 ca ban nang va i tri.
Chung ta khéng can phai loai bé ban nang dé Iap luan
6 tinh khoa hoc. Chiing ta c6 thé tdn trong va doi hoi
hai céng cu nay va nhu thé ching ta c6 thé tim kiém
su can badng. Va khi tim kiém su can bang nay, ching ta
cudi cling sé bién tat ca nhiing tai nguyén trong bd ndo
clia ching ta thanh hanh déng. Cach day khoang 100
nam, khoa hoc tham chi van chua luu y dén vai tro clia
v6 thic, nhung cac nghién ctru hién nay cho thay rang
chi c6 20% s6 lugng chat xam danh cho tu duy y thic
trong khi d6 80% s6 lugng chat xam danh cho tu duy
vo thuc” [7]. Trong tac pham “Rules for the direction of
the mind”, Descartes da viét “Chung ta dugc biét hai hoat
déng cua su hiéu biét, d6 1a truc gidc va suy dién, ma méi
loai chuing ta phai dua trén sy linh hoi kién thic” va nhan
manh “TDTG la muc dich va suy dién logic la phuong
tién. Su that dugc tim thdy bang truc giac, chi khéng
phai bang logic hay chiing minh”[8, tr.37].

Trong day hoc toan & trudng phé théng hién nay,
HS chi thdy cau hoi dugc tré I6i nhu thé nao hay van dé
dugc giai quyét ra sao, cac em chua thay dugc tai sao cau
héi, van dé do duoc dat ra, qua trinh c6 dugc cau tra 1oi,
cach giai quyét do bang cach nao. Hon na, khi HS phai
déi mat véi nhing tinh huéng khéng quen thudc hay
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mot bai toan mdi, GV thudng danh nhiéu thdi gian dé
trang bi cho HS nhiing kién thiic mang tinh quy trinh,
phan 16n cac em c6 it co hoi dugc nd luc kham pha, tu
duy dé tu tim toi con dudng giai quyét van dé. Diéu nay
dan dén nhiéu HS chi hoc nhing kién thdc mét cach
may moc dé sit dung trong cac ki thi ma khéng thé van
dung kién thiic vao gidi quyét van dé trong cudc séng
thuc tién, cac em cling chua that sy hiing thu véi gis hoc
nhu vay. D€ thay ddi cach ti€p can kién thiic can phai
chd trong phat trién TDTG toan hoc cho HS trong day
hoc gitip HS thdy dugc vé dep cla kién thic toan hoc,
hiéu dugc y nghia, van dung dugc kién thiic d6 vao giai
quyét van dé trong cudc séng gép phan dap tng duoc
nhu cau d6i méi theo huéng tiép can phat trién nang luc
va phdm chat cho ngudi hoc.

5.Vi du minh hoa

Xét vi du minh hoa cho viéc st dung TDTG va TDPT
cho HS trong day hoc giai bai tap toan sau:“Trong khéng
gian toa do Oxyz, cho cac diém A(-1;2;3),B(3;0;-1),C(1; 4;

7) va mat phdng (P) c6 phuong trinh z — 2y + 2z + 6 =0
.Tim toa d6 diém M thuéc mat phdng (P) sao cho biéu

thic T = MA® + MB® + MC*? dat gia tri nho nhat”. Bai
toan yéu cau xac dinh toa do diém trén mot mat phang
thoa man diéu kién cho trudc, day la bai toan quen thuéc
vGi HS nhung kho khan & ché biéu thic dat gi tri nhd
nhat cho trudc kha phtic tap.

Strdung truc gidc: Véi ba diém A, B, C cho trudc nén
toa do trong tam G clia tam gidc ABC hoan toan xac
dinh. Quan sat biéu thiic da cho HS cé thé lién tudng dén

MA + MB + MC =3MG , v6i moi diém M, do dé phai
bién déi biéu thiic qua trong tam G quy vé biéu thic
don gian hon xac dinh dugc diém M. Tu d6, HS lién hé
véi phuong phap gidi bai todn quen thuéc“Cho A khong
thudc mat phdng (P). Tim diém M trén (P) sao cho MA?
nhé nhat” dan dén tryc gidc dugc hudng gidi quyét bai
toan la diém M can tim c6 thé |a hinh chiéu cla trong
tdm G cla tam gidc ABC. HS ciing c6 thé tim ra hudng

gidi quyét khac: Néu goi M (q;; y;z) € (P) thda man
phuang trinh cta (P), thay toa dé clia cac diém vao biéu
thiic da cho, khi d6 bién déi dua vé biéu thic dai s6, tim
diéu kién cda x, y, z dé biéu thiic d6 cé gia tri nhd nhat.
S0 dung cdc thao tdc phan tich: T dinh huéng trén
dé gidi bai toan nay, trudc hét HS phai biét bién déi biéu
thiic T bang cach si dung binh phuong d6 dai doan
thang chinh 13 binh phuang tich vé6 huéng cla vectg, st
dung trong tdam G clia tam giac ABC réi thuc hién bién
déi trén cac biéu thic vecto. Cac budc phan tich nhu sau:
2

—_2 —2
T=MA +MB +MC

- (WG + GA) + (3G + GB) + (3G + T
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:SM—G2 +C?l2+6§2 +@2+2M—G(E4+C§+@)
V6i G(1;2;3) la trong tdm clia tam gidc ABC. Ta c6
GA+GB+GC =0 nen
T =3MG* + GA> + GB®* + GC*

Doddo T = MA® + MB® + MC” dat gia tri nhé nhat

<> MG® dat gia tri nho nhat < M chinh la hinh chiéu clia
G lén mat phang (P).

Xac dinh hinh chiéu cla diém G |én mat phéng (P).
Tacod

z=1+1
29
v = t=-1= M(0:41)
z2=3+2t

T—-2y+22+6=0

V6i M(o;4;1) ta co
|1—2.2+2.3+6|
MG =d(G,(P)) =" 1_3thi
N1+44+4
=3.3"+48="75

min

Qua bai toéan trén, can tao cc hoi dé HS tim toi suy
nghi, st dung kién thic da biét, lién hé bai toan quen
thudc tur d6 st dung 6c phan doén, suy luan dé dinh
hudng gidi quyét cho bai toan chua quen biét. Viéc si
dung truc gidc nhdm muc dich dé€ dinh huéng cach giai
quyét, du doan két qua clia van dé, sau d6 sir dung cac
thao tac ctia TDPT nhu la phuong tién dé kiém nghiém
lai dinh hudng, két qua da dé ra.

6. Két luan

& trén, chiing t6i da phan tich su hd trg cho nhau
cGa TDTG va TDPT trong day hoc toan va dua ra vi du
minh hoa trong day hoc gidi bai tap. Vi nhiing phan
tich trén cho thdy trong day hoc toan can phat huy vai
trd bé sung cho nhau gitta TDTG va TDPT dé gitp HS
biét sirdung hop li gitta kha nang trinh bay, lap luan cac
van dé va kha nang du dodén, suy luan tryc giac cing
vGi viéc dugc trai nghiém nhiéu hon trong giai quyét
van dé.
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Abstract: The paper analyzes the supplemental role between intuitive and analytical thinking, then recommends

reasonable development of these thinking for students to contribute to developing learners’ capacity in teaching general
Mathematics in current condition. Intuitive and analytical thinking are two essential elements in process of human
thinking and cognition. Basing on the operational mechanism of the human brain and their applicability in the teaching
process in general and Mathematics teaching in particular, teachers should focus on activities to develop pupils’ intuition

and critical thinking.
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